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ViscosityAbstract The fluids containing nanoparticles have enhanced thermo-physical characteristics in
comparison with conventional fluids without nanoparticles. Thermal conductivity and viscosity
are thermo-physical properties that strongly determine heat transfer and momentum. In this study,
the response surface method was firstly used to derive an equation for the thermal conductivity and
another one for the viscosity of bioglycol/water mixture (20:80) containing silicon dioxide nanopar-
ticles as a function of temperature as well as the volume fraction of silicon dioxide. Then, NSGA-II
algorithm was used for the optimization and maximizing thermal conductivity and minimizing the
nanofluid viscosity. Different fronts were implemented and 20th iteration number was selected as
Pareto front. The highest thermal conductivity (0.576 W/m.K) and the lowest viscosity
(0.61 mPa.s) were obtained at temperature on volume concentration of (80 C and 2%) and
(80 C without nanoparticle) respectively. It was concluded that the optimum thermal conductivity
and viscosity of nanofluid could be obtained at maximum temperature (80 C) or a temperature
close to this temperature. An increase in the volume fraction of silicon dioxide led to the
2 Y. Cao et al.enhancement of thermal conductivity but the solution viscosity was also increased. Therefore, the
optimum point should be selected based on the system requirement.
 2021 The Authors. Published by Elsevier B.V. on behalf of King Saud University. This is an open access
article under the CC BY license (http://creativecommons.org/licenses/by/4.0/).1. Introduction
Optimization is the art of finding the best answer among exist-
ing conditions. It is highly important in the engineering sys-
tems design to minimize the cost and maximizing the net
profit (Hemmat Esfe et al., 2017b). The optimization of differ-
ent systems has been attracted by many researchers and engi-
neers in recent years (Zhang et al., 2021; Zou, 2021).
Heat transfer processes have a key role in many industries
such as electricity production, air conditioning, cars, solar col-
lectors, and so on (Azmi et al., 2013; Delavari and
Hashemabadi, 2014; Kuznetsov and Nield, 2010; Qin et al.,
2014; Sonawane et al., 2011; Wang et al., 2010). Thermal con-
ductivity is considered as one of the most vital parameters
where there is a fluid and it has substantial effect on the system
heat transfer (Sonawane et al., 2011). Using nanofluid is one of
the emerging technologies for the improvement of heat transfer
in engineering systems. The suspension of nanoparticles in a
fluid has the potential in cooling fluid due to creation of higher
thermal conductivity. The effective parameters on the thermal
conductivity can be found according to the type of base fluid
(Hemmat Esfe et al., 2015). The nanofluids are usually used
in heat exchangers. The nanofluids can increase heat transfer
coefficient 50–60% at optimum operating conditions
(Hemmat Esfe et al., 2017b).
A fluid containing nanoparticles with a size of less than
100 nm is called nanofluid and it was firstly used by Choi
(Choi and Eastman, 1995). The nanoparticles could be metal
oxide, metal sulfide, carbide, nitrite, and carbon materials such
as carbon nanotube, graphene, and so on (Huminic and
Huminic, 2012). Although the nanofluids improve thermal
conductivity, they can also affect the rheological behaviour
of solution such as the viscosity of solution. Rheological beha-
viour of different nanofluids including ZnO-Ag (50%-50%)/
water hybrid Newtonian nanofluid (Ruhani et al., 2019),
hybrid tungsten oxide (WO3)-MWCNTs/engine oil
(Aghahadi et al., 2019), nanofluid containing oxide nanoparti-
cle (Saeedi et al., 2018) has been investigated experimentally.
Also, the nanofluids can cause fouling of tubes, friction and
precipitation (Hemmat Esfe et al., 2016; Moradi et al., 2019).
Determination of nanofluid viscosity containing SiO2 or
Al2O3 was experimentally conducted and response surface
model was used to generate an equation for the viscosity as
a function of volume concentration ad temperature. It was
found that the viscosity increases with nanoparticle concentra-
tion and reduces with the system temperature (Abdullah et al.,
2021). Moreover, suction and dual stretching effect on the
dynamics of various hybrid nanofluids was investigated by
Shah et al. (Shah et al., 2020a). According to (Elnaqeeb
et al., 2021; Koriko et al.; Shah et al., 2021), more accurate
simulation of fluid conveying nanoparticles is achievable when
the viscosity and thermal conductivity are assumed to vary
with nanoparticle’s radius, volume fraction and most espe-
cially temperature.Determination of thermal conductivity and viscosity of var-
ious nanofluids as well as influence of various parameters such
as temperature, concentration, and ultrasonic time on these
two properties have been investigated separately. There are a
few research studies to investigate the interaction of these
two parameters on the thermo-physical properties (Hemmat
Esfe et al., 2017c; Sonawane and Juwar, 2016). Therefore, it
will be highly important these two parameters in a system
simultaneously.
A number of research studies has been performed in recent
years in this regard. Effect of temperature (26 – 50 C) and the
hybrid nanoparticles volume fraction (SWCNT-ZnO (30%-
70%)) (0.05% 1.6%) in ethylene glycol–water (60%-40%)
base fluid on the nanofluid thermal conductivity was studied
by Safe et al. (Hemmat Esfe et al., 2017a). Then, neural net-
work was used for determination of a relationship between
temperature as well as volume fraction and the nanofluid ther-
mal conductivity and viscosity. It was found that the thermal
conductivity is much more affected by the nanoparticles vol-
ume fraction in comparison with temperature. It was con-
cluded that there was 45% increasing in thermal conductivity
at temperature and volume fraction of 50 C and 1.6% respec-
tively (Hemmat Esfe et al., 2017a). Akilu et al. (Akilu et al.,
2017) synthesised titanium oxide-copper oxide/carbon (TiO2-
CuO/C) using wet-mixing protocol, then, the nanoparticles
dispersed in ethylene glycol (EG) as a base fluid. The maxi-
mum increase in thermal conductivity and viscosity was
obtained 16.7%, and 80% at 2.0% volume fraction and tem-
perature of 40.25 C. The change in nanofluid pH was pro-
posed as one of the methods for holding the nanoparticles
dispersed in the fluid.
Silica nanoparticles have been used in many applications
because it has some advantages including low cost, hydrophi-
lic, large surface area per volume, high biocompatibility, and
low polydispersity index. Using SiO2 nanoparticles in nanoflu-
ids application has been investigated widely and it can be
found in literature in more detail (Shah et al., 2020b). It was
found that it possesses some benefits such as minimal pressure
drop, maximum increase in heat transfer, appropriate suspen-
sion stability, and better rheological and thermal specifications
in comparison with other nanoparticles (Muhammad et al.,
2021; Shah et al., 2020b). Zyla and Fal ( _Zyła and Fal, 2017)
investigated thermophysical properties of SiO2–ethylene glycol
nanofluids and there was a linear increase in thermal conduc-
tivity and viscosity with an increase in the nanoparticle volume
fraction.
The data should be firstly modelled for the optimization of
discrete experimental data. Response surface method and neu-
ral network are two common methods which are used for the
modelling experimental data and determination of objective
functions (Hemmat Esfe et al., 2017c). Using neural network
has been widely used for the optimization of nanofluid systems
(Akhgar et al., 2019; Faridzadeh et al., 2014; Goodarzi et al.,
2019; Rostami et al., 2021; Shahsavar et al., 2019; Toghraie
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as GA، ICA، PSO, and NSGA-II have been used for the
optimization of thermal conductivity, viscosity, pressure drop,
and so on (Ahrar and Djavareshkian, 2017; Hemmat Esfe
et al., 2017b). The optimization can be mono-objective or
multi-objective. In mono-objective optimization, the aim is
optimization of one objective function. Then, effect of operat-
ing parameters on the function value is investigated. However,
more than one objective function involves optimization simul-
taneously (Hemmat Esfe et al., 2017b). Using NSGA-II algo-
rithm for the optimization of thermo-physical properties of
bioglycol and water fluid containing silicon oxide nanoparti-
cles will be the novelty of the current study. Experimental data
used in this study were taken from literature (Abdolbaqi et al.,
2016). The nanofluids were prepared by SiO2 nanoparticle dis-
persion (0.5%-2%) in various base fluids like 30:70% and
20:80% by volume of bioglycol/water mixtures. For
20%:80% of bioglycol/water, the amount of 7.2% increase
in thermal conductivity was observed in the volume concentra-
tion of 2.0% at a temperature of 70 C (Abdolbaqi et al.,
2016). Firstly, the experimental data was used to determine
the thermal conductivity and viscosity equations as function
of temperature and volume fraction by the response surface
method.
2. Modelling using RSM
The response surface methodology (RSM) is a common statis-
tical and mathematical approach for modelling and analysing
a system in which the response of interest is affected by differ-
ent variables and the aim of this approach is the optimization
of the response (Aydar, 2018). The main benefit of this
approach is decreasing the number of experiments and propos-
ing a mathematical equation between dependant and indepen-
dent variables in the system. The RSM uses statistical
techniques like multiple regressions. For example, the first-
order linear regression with two variables can be expressed
as follows (Aydar, 2018):
y ¼ b0 þ b1x1 þ b2x2 þ e ð1Þ
where b0, b1, and b2 are coefficients of the regression model.
The symbols x1 and x2 are independent variables and y denotesFig. 1 NSGA-II algdependent variable or response. The e is the error of model.
The least-square method is used for the determination of coef-




ðyi  yuÞ2 ¼
Xi¼1
n
e2i ¼ eTe ð2Þ
It can be simplified using the following assumption:
yi  yu ¼ ei ð3Þ
The r2 can be written as follows:
r2 ¼ ssE
n p ð4Þ
where n and p are the numbers of experiment and regression
coefficients. Based on the following assumption (Eq. (6)), the
SSE can be expressed as follows (Aydar, 2018):
XTXb ¼ XTy ð5Þ
SSE ¼ yTy bTXTy ð6Þ
The equation (8) is considered for the calculation of the















The accuracy of the regression model is evaluated by the
following equation:
R2 ¼ 1 SSE
SST
ð8Þ
It is not suitable to use R2 when new variables are added to
the model. It is common to use adjusted R2 when it is required
to add new variables into the model (Aydar, 2018):
R2adj ¼ 1
SSE= n pð Þ
SST= n 1ð Þ ¼ 1
n 1
n p 1 R
2
  ð9Þ3. Multi-object optimization using NSGA II
In this study, a non-dominated sorting genetic algorithm
(NSGA-II) was used for the determination of optimal values
of dynamic viscosity and thermal conductivity. Apart fromorithm structure.
Fig. 2 structure of crowding distance function.
4 Y. Cao et al.non-dominated sorting and crowding distance functions, this
algorithm also uses mutation and crossover functions. The
crossover function is the most important in the NSGA-II
algorithm (Aydar, 2018). The combination of the two parent’s
genetic information to create new offspring is done by theFig. 3 NSGA-II algcrossover function. Moreover, maintenance of genetic diversity
from a generation of a population of genetic algorithm chro-
mosomes to the next is carried out by mutation function.
The primary distinction between NSGA-II and genetic
algorithms is that they use different functions for the optimiza-
tion of the system parameters. The structure of NSGA-II
algorithm is provided in Fig. 1. The non-dominated sorting
as well as crowding distance functions play key role in popula-
tion generation and modification and improve the algorithm
performance (Deb et al., 2002).
The non-dominated sorting function compares different
answers in different rows and columns and selects a mem-
ber which satisfies the optimal conditions. For example,
the aim of this paper to find a member which has the
lowest dynamic viscosity and the highest thermal conduc-
tivity. The selected member must have the highest value
in the row which has the constant viscosity and the lowest
value in the column which has the constant thermal con-
ductivity. In the last step, the crowding distance is used
for the modification of new generations’ answers. The
main duty of this function is that maintaining an external
archive and select a global optimum position (Yusoff
et al., 2011). The schematic of the crowding distance func-
tion is shown in Fig. 2.orithm flowchart.
Table 1 ANOVA analysis of the thermal conductivity and dynamic viscosity for RSM.
Source Sum of squares df Mean square F value P value
Knf mnf Knf mnf Knf mnf Knf mnf Knf mnf
model 0.011 3.67 7 6 1.63e3 0.61 1018 2195 >0.0001 >0.0001
u 4.15e3 0.094 1 1 4.15e3 0.094 2578 337.80 >0.0001 >0.0001
T 1.31e3 0.32 1 1 1.31e3 0.32 812 1157.22 >0.0001 >0.0001
U.T 4.24e6 5.41e3 1 1 4.23e6 5.41e3 2.63 19.44 0.1192 0.0002
T2 1.65e5 0.15 1 1 1.65e5 0.15 10.23 531.53 0.0042 >0.0001
T3 7.69e5 7.45e3 1 1 7.69e5 7.45e3 47.77 26.78 >0.0001 >0.0001
U2 3.34e5 – 1 – 3.34e5 – 20.71 – 0.0002 –
U2.T 4.73e6 – 1 – 4.73e6 – 2.93 – 0.1008 –
U.T2 – 9.56e4 – 1 – 9.56e4 – 3.43 – 0.0767
Residual 3.54e5 6.40e3 22 23 1.61e-6 2.78e4
Cor total 0.012 3.67 29 29
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CDi ¼ dij þ dik ð10Þ
Fig. 3 shows general NSGA-II algorithm flowchart. It can
be seen that the neural network technique is used for the opti-
mization in NSGA-II algorithm for the determination of the
fitness function. In addition, the population generation is
performed using crossover and mutation operators. The num-
ber of iterations in NSGA-II optimization algorithm was
defined in the last section of the algorithm.4. Results and discussion
4.1. RSM results
The experimental data reported in the literature (Abdolbaqi
et al., 2016) was used to derive thermal conductivity and
dynamic viscosity equations as a function of operating param-Fig. 4 (a) Predicted thermal conductivity (W/m.K) as well as (b) dy
axis) for bioglcol/water nanofluid.eters. It was obtained using Design-Expert software. The
derived thermal conductivity and viscosity equations can be
expressed as follows:
Knf ¼ 5:4686e1 þ 2:1675e2  / 3:59e3  T
 2:52e3  /2 þ 8:34e5  T2  4:87e7  T3 ð11Þ
lnf ¼ 3:40544þ 1:736e1  / 9:0417e2  T 1:112e3
 T /þ 1:07e4  T2  4:796e6  T3 ð12Þ
where Knf, mnf, T, and u are nanofluid thermal conductivity
(W/m.K), nanofluid viscosity (mPa.s), temperature ( C), and
volume fraction of nanoparticles (%). The volume ratio of bio-
glycol/water (W) mixtures was 20:80%.
To investigate the accuracy of RSM model and obtained
equations, F-value, P-value as well as coefficient of variation
was determined. Moreover, the analysis of Variance
(ANOVA) approach was used to calculate these parameters.
Based on the ANOVA analysis, the model developed for the
determination of the thermal conductivity and viscosity is
valid, when the F value > 1 and the P-value <0.05. The
results were provided in Table 1. From Table 1, it could benamic viscosity (mPa.s) (x-axis) against the experimental data (y-
Fig. 5 3D response surface plots as function of temperature as well as nanoparticles volume fraction.
6 Y. Cao et al.concluded that thermal conductivity, as well as dynamic vis-
cosity, has been estimated accurately with the model due to
the higher amount of F-value while the amount of P-value
are lower (<0.001). The P-value less than 0.1 means that the
model terms is significant. As it can be seen, most of the
parameters are significant for both thermal conductivity as
well as dynamic viscosity.
The statistical deviation between experimental data and
predicted values by the developed model was evaluated by
the coefficient of determination (R2). The value equal to 1 or
a number close to one means that the developed model is accu-
rate. The value of R2 and adjusted R2 are 0.9943 and 0.9918for the thermal conductivity and 0.9921 and 0.9902 for the vis-
cosity respectively. The adjusted R2 is much more reliable than
R2 value due to affecting any bias in the system on its value. In
the current study, both adjusted R2 and R2 values are almost
same indicating the developed model accuracy.
Eqs. (11) and (12) were used for the calculation of predicted
values for the thermal conductivity as well as dynamic viscos-
ity. Fig. 4 ((a) and (b)) presents the predicted value by the
developed model for the thermal conductivity as well as viscos-
ity vs. experimental data of thermal conductivity and dynamic
viscosity of bioglycol/water nanofluid. It was observed that
there is a great agreement between the predicted values by
Fig. 6 Thermal conductivity (x-axis) and dynamic viscosity (y-
axis) reslut were obtained by NSGA-II.
Fig. 7 Pareto optimal front.
Table 2 Optimum points obtained by NSGA-II optimization









0.735 0.577 79.901 2.000
0.564 0.544 80.000 0.000
0.568 0.545 79.990 0.047
0.636 0.560 79.950 0.838
0.574 0.546 80.000 0.120
0.664 0.566 79.990 1.178
0.603 0.553 79.990 0.450
0.643 0.561 79.953 0.924
0.611 0.555 80.000 0.560
0.650 0.563 80.000 1.025
0.655 0.564 79.998 1.071
0.670 0.567 80.000 1.269
0.617 0.556 80.000 0.630
0.597 0.552 79.998 0.383
0.695 0.571 80.000 1.543
0.660 0.565 80.000 1.139
0.645 0.562 80.000 0.958
0.701 0.572 79.990 1.615
0.678 0.568 80.000 1.341
0.626 0.558 79.966 0.729
0.709 0.573 79.968 1.710
0.704 0.572 80.000 1.650
0.719 0.575 79.999 1.833
0.578 0.547 79.999 0.159
Combination of RSM and NSGA-II algorithm for optimization and prediction of thermal conductivity 7the developed model and experimental data. Therefore, it
could be concluded that the developed model by response sur-
face method is reliable for the prediction of thermal conductiv-
ity and dynamic viscosity values.
Three-dimensional response surface plots that provide the
influence of each parameter on the thermal conductivity and
viscosity are given in Fig. 5. There is a decrease in viscosity
with increasing temperature while the thermal conductivity
was increased by increasing temperature for all volume con-
centrations. The maximum viscosity of 1.814 mPa.s was
obtained at temperature and volume concentration of 30 C
and 2% but the minimum viscosity (0.61 mPa.s) was for the
solution without nanoparticles and the temperature of 80 C.
In terms of thermal conductivity, the lowest (0.501 W/m.K)
and highest (0.576 W/m.K) thermal conductivities were found
at temperature and volume concentration of (30 C and 0%)and (80 C and 2%) respectively. Furthermore, addition of
nanoparticles in the fluid was increased the amount of both
thermal conductivity and viscosity. Also, it should be noted
that influence of temperature is much more significant than
volume fraction on both thermal conductivity and viscosity.
Similar findings were obtained in literature in a system with
a base fluid of water and cobalt-oxide (ND-Co3O4) nanoparti-
cles (Hemmat Esfe et al., 2016).
4.2. NSGA II results
Multi-object optimization was performed on the bioglycol/wa-
ter nanofluid containing SiO2 nanoparticles. NSGA II algo-
rithm was implemented by applying different iteration times
including first, fifth, tenth, fifteenth, and twentieth and 25
members of population. The optimization results for different
iteration times were provided in Fig. 6. The twentieth iteration
time is considered as Pareto front. It is seen that the first and
fifth fronts are undefeated, and the system is not able to reach
stability by applying these fronts. But, the system was achieved
stability at the 10th front. The 15th and 20th fronts were also
obtained to show this stability.
Fig. 7 presents the Pareto front (20th front) for the two-
objective optimization of thermal conductivity and viscosity
for the bioglycol/water (20–80) nanofluid containing SiO2
nanoparticles. The Non-dominated sorting, as well as crowd-
ing distance functions, were used to obtain these results. In
Pareto front all obtained points are optimum. Also, it should
be noted that the points are non-superior to each other. The
designer can select each of these points based on the system
requirement. In Fig. 7, the horizontal axis is the thermal con-
ductivity and vertical axis is the viscosity. The fitted curve was
8 Y. Cao et al.also obtained for the Pareto front and its second-order equa-
tion can be written as follows:
lnf ¼ 3:4K2nf  0:95Knf  0:94 ð13Þ
Table 2 shows multi-object optimization results for the
enhancement of thermal conductivity and minimizing viscosity
for bioglycol/water (20–80) nanofluid containing SiO2
nanoparticles. According to Table 2, it is possible to find what
is the system viscosity at optimum operating conditions in
terms of thermal conductivity and vice versa. Also, what the
needed temperature and volume fraction are for achieving a
certain thermal conductivity as well as dynamic viscosity of
the system. For example, the system viscosity is 0.564 mPa.s
and 0.735 mPa.s for the lowest (0.544 W/m.K) and highest
(0.577 W/m.K) thermal conductivities respectively. Further-
more, the optimum condition is obtained at the highest tem-
perature (80 C) or a temperature close to this temperature.5. Conclusion
In this study, nanofluid optimization in terms of thermal con-
ductivity as well as dynamic viscosity was performed using
response surface method and NSGA-II optimization
approach. Firstly, the equations were obtained for the thermal
conductivity and dynamic viscosity as function of operating
condition using response surface method. Then, NSGA-II
optimization approach was used for minimizing viscosity and
maximizing thermal conductivity of the nanofluid. The results
showed that increasing temperature increases the thermal
conductivity, but the viscosity was decreased. There was also
an increase in both thermal conductivity as well as dynamic
viscosity with increasing the amount SiO2 nanoparticles vol-
ume fraction. The optimal values for the thermal conductivity
and dynamic viscosity were found at the maximum tempera-
ture in the system and optimum SiO2 can be selected based
on the process requirement.Declaration of Competing Interest
The authors declare that they have no known competing
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